The finite endodualisable double Stone algebras are characterised, and every finite endoprimal double Stone algebra is shown to be endodualisable. Presented by R. W. Quackenbush.
Introduction
Double Stone algebras have been extensively studied, both as algebras of interest in their own right and to illuminate studies of properties in universal algebra. kept this background to a minimum. For more information, and historical references, we refer the reader to the comprehensive monograph [9] by D. M. Clark and B. A. Davey and also to [26] . Let M = (M ; F ) be any algebra. We say that a k-ary function f : M k → M is End M-preserving if it preserves the action of the endomorphism monoid End M, that is, for every endomorphism e ∈ End M, e(f (a 1 , . . . , a k )) = f (e(a 1 ), . . . , e(a k )), for all a 1 , . . . , a k ∈ M.
The algebra M is called k-endoprimal (k 1) if every k-ary End M-preserving function on M is a term function of M. It is clear that each k-endoprimal algebra is also m-endoprimal for 1 m k. Algebras which are k-endoprimal for every k 1 are called endoprimal. Any primal algebra is endoprimal and so, more generally, is any quasiprimal algebra having no proper non-trivial subalgebras. Further, a finite algebra M is endoprimal if it is endodualisable, that is, if End M yields a duality on the quasivariety ISP(M), in the sense defined in [9] ; it fails to be k-endoprimal if End M fails to yield a duality on the particular algebra F ISP(M) (k) (see [26] , Proposition 2). The relationship between endodualisability and endoprimality and k-endoprimality has been explored, successively, in [15] , [14] , [17] and [26] . In the course of these investigations, examples drawn from varieties of algebras with lattice or semilattice reducts have provided valuable insights. Indeed, it was in the course of our investigations of endoprimal double Stone algebras that we found the results presented in the companion paper [26] . There we proved the following general theorem.
Theorem 1.1. Let D be a finite algebra which is dualisable via the structure D ∼ = (D; End D, S, τ ) where S is a finite set of finitary algebraic relations on D and τ is the discrete topology. Assume there is a k-generated free algebra F D (k) ∈ D = ISP(D) which has each of the algebras s ∈ S as a retract. Let M ∈ D be a finite algebra which has D as a retract. Then the following are equivalent:
(1) M is endoprimal;
(2) M is k-endoprimal;
(3) M is endodualisable.
